III. Let X be a set, II a uniform structure on X, ^ the associated uniform topology on X, and S3 a basis for U. If Ve%$, V [x] denotes the set {y \ (α?, y) e V}. For each x e X, let T(x) = {V [x] \ Ve S3}. We will show that the map, Ύ^ '.x->J r (x) is a C. A. system for X. [x] , Since N -N~\ it follows that (y, x) e N. lίz is an arbitrary element of N [x], then (x,z) eN, so (y, z) It is easy to see that if the basis, 23, is linearly ordered by inclusion (resp. well-ordered by inclusion), then so is °Γ{x) for every xeX.
In this case, the associated map, Ύ, is a linearly ordered (resp. well-ordered) C. A. system.
We now develop some of the basis properties of C. A. systems Proof. Let X be a discrete space and ^ an arbitrary neigh-borhood system for X. Since {x} is open, it follows that {x} Hence, it is obvious that {x} -N[x; 0] satisfies the requirement in 1.1 for any open set 0 which contains x, so ^ is a C. A. system. Conversely, if x is a non-isolated point of X, and ^ is a neighborhood system for X, define T* by T(y) = {U(y) -{x} I U(y) e f/(y)} if x Φ y, and T(x) = ^() Since X is T 19 it follows that 3Γ is a neighborhood system for X, but since $ £ V(y) for any ?/ Φ x, T* is not a C. A. system for X.
We now investigate the properties of linearly ordered and wellordered C. A. Proof. Let έ? be an open cover of X, and let T be a well-ordered C. A. system for X. For each x e X, let = {V(oή 6 T{x) I V(x) c 0 for some 0 e ^} .
Since 7"{x) is well-ordered by inclusion, ^/{x) contains a least element, Finally, we note that since T* is well-ordered, it is linearly ordered, and thus X is collectionwise normal by 1.6. X is 2\, so it is regular and the result follows.
If Y is any subspace of X and T is a C. A. system for X, definê by Y\V(y)eT(y)} for each |/e7. It is a routine matter to verify that 5^J is a C. A. system for Y with the relative topology. Moreover, it is clear that if T is linearly ordered (resp. well-ordered) then so is 5*J. This remark, along with the two preceding results supply the proof of the next result. THEOREM 
If X has a linearly ordered {resp. well-ordered) C. A. system then X is hereditarily collectionwise normal (resp. hereditarily paracompact).
It was noted in 1.2. Ill that if X has a uniform structure with a basis which is linearly ordered by inclusion, then X also has a linearly ordered C. A. system and hence, by 1.8, X, with the associated uniform topology, is hereditarily collectionwise normal. In this case, however, the result can be improved. THEOREM 1.9. Let X be a uniform space with uniformity II. If U has a basis which is linearly ordered by inclusion, then X, with the associated uniform topology is hereditarily paracompact.
Proof. Let 3S be a linearly ordered basis for U. By means of a standard argument involving Zorn's Lemma, it is easy to show that 2δ contains a cofinal, well-ordered subfamily, SS. Since 33 is cofinal in SB, it is easily verified that S3 is a basis for U. Hence, as noted in 1.2. Ill, the associated map, °Γ, is a well-ordered C. A. system for X, so the result follows from 1.8.
We are now in a position to give some metrization criteria for certain classes of topological spaces. THEOREM [1] has shown that every collectionwise normal, developable space is metrizable. By 1.6, X is collectionwise normal, so X is metrizable.
On the basis of the above two theorems, it would seem natural to conjecture that having a countable, well-ordered C. A. system is sufficient, in general, to guarantee metrizability. However, the next example shows that this is not the case. EXAMPLE 1.12. There exists a topological space, X, with a countable, well-ordered C. A. system, 5^, (in fact, V(x, n) ZDC\ [V(X, n + 1)] for each V(x, n) 9 V(x, n + 1) e T{x) and each xe X.) but which is not perfectly normal, and, hence, not metrizable.
Let X be the real numbers and Q the rational numbers. A topology is defined on X as follows:
where O x is open in the ordinary (metric) topology on X, and O 2 a X -Q. This example appears in [4] , where it is shown that X is not perfectly normal, so all that is necessary is to construct the required C. A. system. Let V(x, n) = {y\d(x, y) < 1/n}, where d is the ordinary metric on X. Now, let 2. Standardizations* In the light of 1.12 it is clear that some sort of additional condition is needed in order that a space with a suitable C. A. system be metrizable. From 1.10 and 1.11 it appears that any such property ought to be a common generalization of separability and developability. One condition that satisfies these requirements is that the space have a standardization. Included in the following examples are proofs that having a standardization is a common generalization of separable and developable spaces. 
S(x,n) = {y\d(x,y)
then it is easy to see that the map^: x-^^ix) is a standardization. The following sequence of results will be useful in the proof of the main theorem. Proof. The proof is routine, and will be omitted. But this happens only if 0 -{x}, contradicting the assumption that 0 consists of two or more points, completing the proof. LEMMA 2.7. Let ^ be a standardization for X and let °F be a linearly ordered neighborhood system-i.e. each °F{x) is linearly ordered by inclusion.
Then, X has a neighborhood system, "W, such that (a) Ύ/^{x) -{W(x 9 n)\n = 1, 2,
•} is linearly ordered by inclusion, and First, suppose that x is isolated. By 2.5, we may assume that /(x) -{{x}}. Now, by an argument similar to that of 2.6, it can be shown that there exists N such that x ί U(y, n) for any y Φ x and n ^ N. Thus, if n ^ N and V(x) c ί7(τ/, n), it follows that y -x and E%, ti) = {α;}. Hence, V(x) = {x}, so W(x, n) = {x} and ^^'(a;) is a neighborhood basis at x.
If # is not isolated and 0 is any open set containing x, let V(x) e T*(x) satisfy V(x) c 0. Since a; is not isolated, V(x) consists of at least two points and therefore, by 2.6, there exists N such that V{x) (£ U(y,n) for any yeX and n ^ N. Thus, if S(α?) 6 T{x) and ίS(α ) c U(y, n) for some n ^ N, it follows that £(#) c V(x) since ^(α;) is linearly ordered by inclusion. Thus, W(x, n) c F(a;) c 0 for each n ^ N. Note that for each xe X and w = 1, 2, , W(x, n) Φ 0 since there always exists V(x)eT % (x) satisfying xe V(x) c U (x, n) . This completes the proof.
It is well known that if a space is first countable then it has a neighborhood system which is linearly ordered at each point, 2.7 provides the following partial converse. Conversely, let ^ be a standardization for X and T* a linearly ordered C. A. system. Let S(x, n) 
, x e X). It will be shown that {& n \ n = 1, 2, } is a development for X. In closing, we remark that a subsequent paper will deal with the situation that arises when one weakens the requirement " N[x; 0] c V(y) c 0 . " of 1.1 to "
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